Introduction
With the uncontrolled growth of society, the consequent energy demand forces drastically adapting the power grid topology. Examples of this change are electric and hybrid cars, which suppose important loads in the power system, and nowadays, they are widely introduced [1, 2] .
In order to protect the environment, big fossil fuel power plants are being replaced by small renewable energies generators, which suppose enormous implications for the environment and for the power grid. A big synchronous power generator, as can be found in an average power plant, delivers a perfect sinusoidal waveform. In addition, any wave distortion is compensated and converted into a perfect waveform, and it can correct some grid outbalances by generating or consuming reactive power.
At the same time, the power grid is turning into a meshed system. This configuration allows the distribution system to prevent faults, creating new alternate routes for the power flow. In addition, using the information of power generated and consumed in any node and the grid characteristics, it can be configured to minimize losses. However, this has implications when a disturbance occurs. In a mesh system, many lines are connected to any node. In this situation, when a disturbance takes place at a point, it will leave all of the lines connected to that node, expanding quickly through the power grid.
Evolution of the topology of a high voltage power grid could be seen in [3] ; the effects of different topologies in a normal function are explained in [4] ; and an idea of the complexity level reached by the power gird is given in [5] . All of these complex network schemes require changes in the control, as seen in [6] , which implies more elements in the grid. Any additional element could introduce disturbances in the case of a fault.
Collaterally, the new advantages in electrical power generation and power distribution systems have led to a power quality (PQ) degradation. Equipment, such as transformers, motors or conductors, undergo overload and generate low PQ conditions, due to harmonics, insufficient voltage, oscillatory transients or other disturbances. Due to the shared responsibility of PQ, it is important to monitor the voltage and currents at the connection point and in the low, medium and high voltage grid.
One of the most important PQ disturbances is the sag or voltage dip, explained and regulated in [7] . It consists of a reduction of the amplitude value with a duration from a half cycle to a few minutes. Changes in the amplitude usually occur suddenly and carry coupled disturbances: oscillatory transients and temporal harmonic distortions are common during or after amplitude transitions. All of those disturbances are examined and explained carefully by IEEE in [8] . Because the amplitude change in the base waveform is usually higher, coupled disturbances are difficult to detect.
In this frame, this work postulates the spectral kurtosis (SK) as a computing tool to detect and characterize transient disturbances that are coupled to steady-state sags. The capabilities of higher-order statistics (HOS) to enhance impulsiveness (non-Gaussian behavior) have been formerly proven in some fields and areas of science and technology [9] [10] [11] [12] [13] [14] [15] [16] . More precisely, in the field of the PQ characterization, the research team has developed intelligent methods to detect power quality events, using HOS in the time and frequency domains [17] [18] [19] .
Regarding direct backgrounds of HOS applications in this field, in the time-domain, several notable works are worthy, e.g., Bollen et al. introduced new statistical features to PQ event detection [20] . In the same direction, Gu and Bollen [21] found relevant characteristics associated with PQ events in the time and frequency domains. The work by Ribeiro et al. [22] is also remarkable, which extracted new time-domain features based on cumulants. The same authors performed the classification of single and multiples disturbances using HOS in the time domain and Bayes' theory-based techniques [23] . HOS techniques and estimators have also been implemented to specifically detect sags and swells [24] . The categorization of PQ anomalies had been formerly performed by Nezih and Ece in [25] , where they proved that HOS and quadratic classifiers improve the second order-based methods. The most aligned work is the one developed by Liu et al. in [26] , where the researchers extracted a rich set of higher-order features related to the analysis as different types of PQ events using spectral kurtosis.
The paper is structured as follows. Firstly, the SK procedure is explained in Section 2, then coupled disturbances are examined using the SK analysis in the Section 3. Finally, conclusions are drawn in Section 4.
The Spectral Kurtosis: Procedure of Analysis
The SK is a fourth-order spectrum that deals with the peakedness of the probability density function associated with a measurement data series. From a practical point of view, the traditional power spectrum does not reflect these impulsive features of the time series, which indeed constitute the key attributes of PQ events. For that reason, the SK pattern should reflect the transient characteristics associated with the frequencies under test [12] .
The procedure of computation is explained as follows. The time domain register is chopped into realizations or segments overlapped by 50%. This means that the second half of a time realization is the first half of the next realization. Then, the FFT of each realization is calculated and stored in a matrix, where every new FFT is added in a new row. With the data presented this way, Equation (1) represents the estimator involved in the SK computation:
where X is the FFT matrix, in which the upper index i means the row (realization) and the index m is associated with the column (frequency). M realizations with N points have been considered. The final SK vector has the same points as the FFT vector; equal to N/2. The more realizations are involved in the calculation, the more precise is this procedure. However, the computational load increases with the size and the number of realizations, so a correct size and number of points must be indicated for the realizations to achieve suitable resolution and precision, but with an acceptable computational burden; in this case, 1000 realizations of 0.1 s each, using a sampling frequency of 20,000 Hz for all analysis. This means an SK vector of 1000 points and a maximum frequency of 10,000 Hz. As said formerly, 1000 realizations of 0.1 s are needed; however, each register has only a 1-s length. This problem is overcome using a sliding version for the SK estimator. The spectral data are accumulated for 100 s before the SK could be calculated.
Hereinafter, the results are presented, dividing them into groups corresponding to different types of electrical perturbations.
Coupled Disturbances
In this section, an evolution to a coupled signal will be done. Firstly, the base response for a healthy signal will be set. Then, the sag will be examined alone, and finally, a sag with an oscillatory transient and harmonic distortion coupled is studied.
Firstly, and with the goal of getting a reference, the analysis of a healthy signal is performed (shown in Figure 1 ). The healthy condition is stated as a sinusoid of unitary amplitude. It will be the base amplitude assumed throughout the work.
With the frequency pattern characterization of this ideal signal, the anomalies associated with the disturbances are detected more easily. Synthetics are used in order to control all of the signal parameters, allowing in this way a correct comparison among them. In order to introduce real-life conditions, additive Gaussian noise with a standard deviation (σ) of 0.05 is added to all signals. Signals have been synthesized with the same properties as described in the SK definition, i.e., 20,000 samples per second. That means a maximum frequency of 10,000 Hz for the SK analysis. However, the graph only shows up to 500 Hz. In the graph, the same response from 100 to 500 Hz can be seen. It continues equally for the rest of the frequencies. As no new information could be extracted from frequencies higher than 500 Hz, only frequencies under that value are shown, obtaining in this way a more detailed representation. Hereinafter, this is performed for all experiments, due to all frequencies involved in the considered disturbances being lower than 500 Hz.
In Figure 1 , the same pattern is outlined for almost all of the frequencies. These are small variations around the zero, with a maximum deviation of 0.2. This value is related to the additive noise, which is rejected by the SK. In the lower frequency band of the graph, a −1-valued peak appears, centered at a frequency of 50 Hz. With a discrete spectral resolution of 10 Hz, the −1 value copes with the frequencies of 40 and 60 Hz. This zone is associated with the power signal frequency and indicates the feature associated with a constant amplitude signal.
Being a higher-order spectrum, the SK is postulated as a noise-resistant analysis tool. This property is tested studying different noise contamination levels. Table 1 shows the kurtosis values for the base frequency (50 Hz) and maximum variation around zero for the rest of the spectrum for Gaussian additive noise with σ from 0.05 to 0.80. If a 50-Hz kurtosis value is examining, no important change could be observed. As noise contamination increases, kurtosis takes values a litter higher, from −0.99998 to −0.9962. However, in this range, all could be considered −1, with an error lower than 1%. In relation to the maximum variation around zero, there are no relations with the noise contamination. Different values could be seen for different contamination levels, with a maximum value of 0.345210 and a minimum value of 0.206976. As a test of the randomness of these values, 1000 analyses with the σ = 0.05 condition have been performed. Each single analysis has returned a different maximum variation value around zero, the higher one being 0.417784 (only in two analyses) and the lower one 0.177371 (in some of them). The average value obtained in this experiment is 0.25. The SK analysis associated with a non-defective state is examined. Now, the sag is introduced in the signal, and the differences in the SK pattern are analyzed, in order to establish the base analysis condition for isolated sags, so as to be able to study coupled disturbances. Signals are presented without Gaussian additive noise, with the objective of getting a cleaner representation. In Figure 2 , the sag disturbance is represented, and Figure 3 depicts its associated SK analysis. As said above, a sag is a reduction in the amplitude of the base waveform. In this experiment, the amplitude has been reduced by 30%, with crisp transitions.
In relation to the SK analysis, there are some changes. First, the vertical axis limits have been changed. The graph in Figure 1 shows the kurtosis values from −1.1 to 0.4. Now, it spreads from −15 to 190.
From 100 Hz onwards, the kurtosis response is constant, close to zero. If a zoom is made over this area, the same response is observed. However, with this vertical scale, it seems a constant value. The main change occurs in frequencies under 100 Hz. Two peaks appear, one of them before 50 Hz and the other one after this frequency component. This separation is occasioned by the same −1 peak at 50 Hz, seen in the previous analysis. As an important length is computed, even with the momentary change of amplitude, 50 Hz is still considered as a constant amplitude. That is represented with the −1 value at 50 Hz. Here, the −1 kurtosis value could not be seen due to the vertical scale, but it shows exactly the same value as in the healthy signal. When the amplitude of a single frequency changes suddenly, the surrounding frequencies are affected, as well. That is the situation now. A kurtosis increase for frequencies around 50 Hz means an increase in the variability of these components. They do not reach important amplitudes, however, as they do not show any amplitude before; this means important amplitude variations.
Different sag conditions have been tested in the next experiment, keeping the noise contamination constant in σ = 0.05. Depths from 10 to 90% are settled, considering durations from 5 to 20 cycles. In each signal, kurtosis values for frequencies of 30, 50, 70, 100 and 150 Hz are taken. These frequencies are related to the first peak, the base frequency, the second peak, a near frequency in which the system is slightly altered and a far frequency in which the system is almost unaffected. All information related to those experiments is shown in the Table 2 . As indicated above, at 50 Hz, the peaks could be considered −1, even in the higher depth and length conditions. Values in this table are truncated, not rounded.
The durations of the disturbances have no effect on the kurtosis values, keeping the same value for each depth. In relation to the depth, a higher one involves a higher alteration of the waveform. SK detects frequency variability, showing higher values of kurtosis as sag depth increases.
In Table 2 and in Figure 3 , it is seen that the 30-Hz frequency peak has a kurtosis value higher than the peak at 70 Hz. In a visual examination of all experiments, 100 Hz seems not to be altered by the sag disturbance. However, a detailed analysis reveals that the kurtosis value is increased when peaks reach important values. Nevertheless, the value associated with 150 Hz is hardly altered, even in the higher depth and length conditions.
Up to now, the base condition of a healthy signal and a sag disturbance alone has been intensely studied. Sag will be coupled to some disturbances. SK analysis will be studied in all of the situations, searching the characteristics of all disturbances introduced, with the goal of differentiating all of them. In the rest of the experiments, a depth of 30% and a length of 10 cycles have been selected.
Then, the oscillatory transient will be coupled to the sag. It consists of oscillations around the normal waveform value, with a crisp start and the exponential decay of its amplitude. The signal shown in Figure 4 is composed of the sag indicated before and the oscillatory transient with oscillations of 200 Hz, a duration of four cycles of the power waveform and an initial amplitude of 0.2. It has one oscillatory transient at the sag start and another at the sag end. As in previous graphs, this is shown without noise, in order to observe the disturbance better. In Figure 5 , the SK analysis of the coupled signal is shown. The main frequency introduced with the oscillatory transient is 200 Hz. As mentioned above, the sags do not alter the frequency over 150 Hz. At first glance, a new element could be seen. In the zone of the graph corresponding to lower frequencies, the same peaks as in the sag situation could be seen. Thus, the sags are detected the same as if this were the only disturbance. However, another peak appears around 200 Hz, which is the oscillatory frequency. This last peak is associated with the oscillatory transient.
As in the sag case, an oscillatory transient supposes an amplitude variation. However, on the contrary, it does not show a constant amplitude during all of the analyzed vectors, so it does not have a −1 value in the central frequency. The sudden start in an oscillatory transient creates an increment in the variability of oscillation frequency. In addition, the transient amplitude is continuously decreasing, which increases the variability of the oscillation frequency more. All of this affects the surrounding frequencies, increasing their variability, as well. The result of all of this is the peak shown in the graph, with a maximum value in the central frequency and a soft decreasing of the kurtosis value as the frequency moves away from 200 Hz, symmetrically in both directions.
Some oscillatory transient conditions are considered, keeping the same sag conditions as indicated before. The oscillatory transient amplitudes taken are from 0.15 to 0.3, and the lengths considered for each amplitude are from two to 10 power signal cycles. As symmetrical peak is returned; only the information of the half peak is taken, being similar on the other side. The kurtosis values for frequencies of 200, 210, 220 and 230 Hz have been taken, and the peak width is measured with the number of points around 200 Hz that have kurtosis values over three. This can be seen in Table 3 . It is worth remarking about the following issues. Firstly, the length of two cycles reduces the kurtosis value in the oscillation frequency, for all amplitude situations. Simulation creates a sinusoidal wave with the desired length and applies an exponential decrease in the transient amplitude, which ends in zero. The shorter the transients were, the more the amplitude of the first cycle would be reduced. This reduces the initial change of the amplitude. Moreover, the variability is related to the change of amplitude during the transient, and as it has a lower extension, the variability is reduced, as well.
This trend continues as length increases. All kurtosis values are higher as the lengths of transients increase. This could be observed in any frequency for any amplitude considered in the table.
As indicated before, the frequencies selected in the table are related to the half peak. The alteration of SK is symmetrical, as can be seen in Figure 5 . As the transient amplitude increases, the peak turns softer. This means a higher variation as the frequency moves away from the central one. For the 0.3 amplitude and a 10-cycle length, the kurtosis associated with 200 and 210 Hz is almost the same, and the next frequency shows half value of them. However, for the same length, taking an amplitude of 0.2, a change from 200 to 210 Hz supposes a loss of 23%, and in the next step, it losses 71%. Higher variations, as seen for the second one, mean a pointier peak. Lower kurtosis variations among near frequencies, as in the first one, create a softer peak, with a rounder shape.
In addition, the higher amplitude means a higher variability itself. At the starting moment, it creates a bigger step, and then, during the exponential decay, a bigger change is observed. Taking the same two situations, with an amplitude of 0.3 and a length of 10 cycles, the maximum value returned is 169.96. With the same length, and for an amplitude of 0.2, a peak with a maximum of 118.72 is originated.
The last column shows the width of the peaks, taking a threshold of three. An increase in the length multiplies the kurtosis value associated with each frequency. As frequencies near the end of each peak have very low values, multiplying them does not change the situation very much. This could be observed by the fact that almost the same length is indicated for each amplitude. On the other hand, as the transient amplitude increases, the kurtosis value is incremented, increasing at the same time the peak widths and turning them softer.
The last disturbance considered is the harmonic distortion at the sag start and end. The harmonic selected is the fourth one, which implies a frequency of 200 Hz. This one has been used in order to introduce the same frequency as in the previous test. In the oscillatory transient situation, oscillations starts with a high amplitude, and this decays in an exponential way. On the other hand, the harmonics take the same amplitude during all of the disturbed segment. In Figure 6 , the signals with harmonic distortion are shown, and the SK analysis is shown in Figure 7 from 0 to 500 Hz.
The conditions for the sag are the same as in the previous experiments. The same frequency has been introduced; any difference observed in relation to the oscillatory transient are due to harmonic distortion. The oscillatory transient introduced in Figure 4 starts with a high alteration; however, the signal recovers its normal state very quickly. On the other hand, in Figure 6 , changes in the signal are at the same level for all of the disturbed segment.
In Figure 7 , the same response for frequencies under 100 Hz as in Figure 5 can be seen. This is related to the sag: as the same conditions have been considered, its response remains equal, as well. There is another peak around 200 Hz, in the same position as in the previous experiment. However, the peak's shape is different. Now, it takes a shorter extension and reaches a higher kurtosis value, resulting in a pointier peak than in the previous situation. As in the oscillatory transient experiment, some harmonic disturbance conditions will be tested, keeping the sag conditions and the harmonic distortion frequency equal. Harmonic distortion amplitudes have been taken from 0.07 to 0.20, using lengths from one to four cycles of the base waveform. The results of these experiments are shown in Table 4 . As in the oscillatory transient situation, the kurtosis value related to each signal has been taken for frequencies of 200, 210, 220 and 230 Hz, and the peak widths have been measured as the number of points with a kurtosis value over three around 200 Hz.
In this experiment, lower extensions and amplitudes have been considered. Even with that, higher kurtosis values are obtained.
Examining Figure 6 , the harmonic distortion peak looks pointier than the one related to the oscillatory transient, shown in Figure 4 . Comparing the conditions shown in the figures, for the same length, four cycles of the base waveform, harmonic distortion with an amplitude 0.07 creates a three-point peak with a maximum value of 104, and an oscillatory transient, with an amplitude of 0.20, creates a seven-point peak with a maximum value of 62. The peak related to harmonic distortion shows a higher kurtosis value and a lower width than that related to the oscillatory transient.
If the same conditions are used for harmonic distortion and the oscillatory transient, for example an amplitude of 0.20 and a length of four cycles of the base waveform, different results are obtained. Harmonic distortion gives a peak with a maximum value of 261 and a width of nine, and the oscillatory transient returns a peak with a maximum value of 62 and a width of seven. Now, the peak related to harmonic distortion is wider; however, if the ratio between the maximum value and the width is shown, the harmonic distortion has 260/9 = 28.9 and the oscillatory transient 62/7 = 8.8. This means that the harmonic peak is taller in relation to its width than the one related to the oscillatory transient. As indicated before, with the same conditions, the harmonic distortion generates kurtosis responses higher than the oscillatory transients. Taking the conditions of an amplitude of 0.20 and a duration of two cycles, the maximum kurtosis values are 12.7 for the oscillatory transient and 178.7 for the harmonic distortion. This difference is accentuated for a duration for four cycles and the same amplitude, reaching values of 62.3 for the oscillatory transient and 261.3 for the harmonic distortion. If the same maximum value is searched, an amplitude of 0.07 and a duration of three cycles must be used for harmonic distortion, obtaining a value of 58.13, and an amplitude of 0.15 with a duration of six cycles for the oscillatory transient, obtaining a value of 58.32.
As said before, the peaks associated with harmonic distortion are sharper than the ones related to the oscillatory transients, and now, this will be detected over the kurtosis evolution. First, the kurtosis change from the peak central frequency (200 Hz) to the next one (210 Hz) will be examined, for common conditions. These are amplitudes of 0.15 and 0.20 and durations of two and four base signal cycles. In these conditions, the change rates are from 9% to 30% for oscillatory transients and from 25% to 45% for harmonic distortion. If all simulations are examined, variation rates of 2% and 37% are obtained for oscillatory transients, and for harmonics distortion, these take values from 9% to 67%. Taking common conditions or taking all simulations, a higher variation could be observed for harmonic distortion. This higher change implies a crisper peak.
With the goal of considering a real-life situation, we have introduced Figure 8 , where a sag is accompanied by a severe harmonic distortion (the same as in Figure 8 ) in a Gaussian additive noise floor with σ=0.5. In this case, the measurement bandwidth is wider, taking the whole profit of the data acquisition equipment, connected via a differential probe to the phase voltage A-B. The complete analysis is also shown, where the time domain variance (power variations), skewness (indicator of the waveform symmetry) and the kurtosis (peakedness of the time domain signal) are also presented. The peaks in the SK graph are the same as those in Figure 7 . In fact, the amplitude transition is reflected as a spectral leakage around the harmonics. Indeed, the y-axis in the SK graphs accounts for variability, as the kurtosis is an estimator of the peakedness of the probability density function associated with the measurement time series. Figure 8 . SK analysis over a sag with harmonic distortion, with Gaussian additive noise with σ = 0.05. If harmonics at 25 and 75 Hz are present and there is no sag, two "clean" spectral lines would appear. In the case of a hybrid event, the SK outlines the spectral leakage around the harmonic frequencies.
Finally, and with the two-fold purpose of illustrating harmonic detection and noise rejection at the same time, two pure harmonics (at 50 and 75 Hz) have been contaminated by colored Gaussian noise (σ = 0.05, bandwidth: 250 to 350 Hz). The effect is the clear distinction of the two spectral lines along with the noise vanishing. In Figure 9 , the spectral lines are outlined both in the second and in the fourth-order domain (SK); in the latter, noise is completely rejected, as expected by a higher-order spectrum. 
Conclusions
This paper shows that the SK has good noise resistance and is a robust spectral analysis tool, returning a similar response with different noise contamination levels (uniform and Gaussian noise produce the same results). As a variability analysis tool, associating the peakedness of the probability density function, and in the frame of PQ analysis, different sag depths have returned different kurtosis maximum values, but always with the same shape, showing the SK normal value at 150 Hz. The sag length has no effect on the kurtosis response, showing similar values for each sag depth.
In the coupled disturbances study, sag conditions have been set constant in order to obtain similar test conditions. A frequency of 200 Hz has been introduced with oscillatory transients and harmonic distortion, returning a peak centered at the same position. Peaks related to these show a maximum width of 140 Hz, which means a range from 130 to 270 Hz. In the considered sag conditions, the maximum kurtosis value is 0.8 at 130 Hz, with an average kurtosis value of 0.05. That confirms that there is no interference from the sag SK response for the oscillatory transient and harmonic disturbance SK response.
Oscillatory transients show an exponential amplitude decay, so the alteration of the base wave is lower than in harmonic distortion, because this second situation keeps its amplitude constant. In addition, the oscillatory transient has one hard transition, at its start, because of its end amplitude being zero. On the other hand, harmonic disturbance have two hard transitions, one at its start and one at its end. All of these create higher values in harmonic disturbance situations, with even higher impact on the central frequency, for the same amplitude and length conditions. In addition, crisper peaks are obtained in harmonic distortion, due to a higher impact over the central frequency than in the oscillatory transient situation, in which adjacent frequencies are more affected. Taking all of this into consideration, when a symmetrical peak appears in the SK response, wide and soft ones are related to oscillatory transients and narrow and crisp ones to harmonic distortion.
As a final remark, the performance of the SK over hybrid (mixed) PQ events is promising, and it has been proven over a set of synthetics. The next step will focus the implementation on an autonomous measurement system, which requires adapting the measurement requirements to norms or the International Electrotechnical Commission (IEC). Compliance with the standards [27, 28] that define the conditions for data acquisition in harmonic measurements for power supply systems implies the use of a basic acquisition window corresponding to a time period of ∆t=200 ms. Sampling frequency and the rest of the parameters have to be adapted to these requirements.
